Theorem la. Consider the class Ja of all analytic functions f, regular at the origin and such that (1.1a) l=/(0) =/'(0); a=f"(0)9*l.
There exists a positive function Ri(a), finite for (1.3b) \z\ ^Ri(P), either a singularity or else a zero of
The function R2(P) may be chosen as follows: r B2 11 .
(1. 5b) R2(p) = max Bh -j-r log j-r for \ p \ g B3, L 101 \P\-i log I P I , , 
(ii) otherwise, let z0 denote the zero (or one of the zeros) of least modulus of the function f(z)f'(z)f"(z) and put It is possible to find a sequence {w"} ™=0 of numbers, each of which is + 1 or -1 and such that the origin is a limit point of the zeros of the derivatives of OO h(z) -^a^,z".
The proof is immediate: we apply Theorem 2 with zo = 0. As h*(z) is not of exponential type there exists a sequence {n,\ such that (3.2) tends to infinity. Moreover, it is clear that a suitable choice of {«,} will prevent (3.3) from converging to 1. We now find an upper bound for R which does not depend on the assumption I P | > B3.
We either have R<e or else (4.3) implies R\p\ < (4 + 8Q) log R < (4 + 8Q)R1'2, 4 + 80 /4 + 80V
The determination of suitable constants Bi and B2 is now trivial.
